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Abstract. An important task during well drilling in deep water is the control of the bottomhole pressure within a 
narrow range. Whenever the bottomhole pressure becomes smaller than the formation pressure there is a risk of 
formation fluid invasion (oil, natural gas and/or water) into the wellbore. The influx of the formation fluid to the 
wellbore, named called kick, can escalate to a blowout if not controlled when the formation fluid reaches the surface. 
Therefore, a small inflow of gas should be detected as soon as possible. Nevertheless, the pressure is only measured 
while drilling and also a small influx of gas cannot change significantly the bottomhole pressure. Another indication of 
kick is the change of pressure at the wellhead which is only noticed when a large amount of gas has invaded the well. 
The current work presents a compressible transient flow model to predict pressure transmission within the wellbore 
when a gas influx occurs. The model comprises the conservation equations of mass and momentum which are solved by 
the method of characteristics. In this first work, drilling fluids are admitted to behave as Newtonian fluid and the 
viscous effect is modeled by employing a friction factor approach. The influx of gas is defined as a function of the rock 
permeability and the pressure difference between the reservoir and the well. Model results show that the pressure 
variation along the time depends on the pressure wave propagation. It can be anticipated that the more viscous the 
drilling fluid and higher the reservoir permeability, the faster the steady-state pressure is reached after the well has 
been closed. 
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1. INTRODUCTION 

 
In oil well drilling, the bottomhole pressure must be kept within a narrow range in order to avoid formation damage 

and/or invasion of formation fluid into the wellbore. Nowadays, the downhole pressure is controlled by balancing the 
drilling fluid hydrostatic pressure with the formation pressure. Whenever the bottomhole pressure becomes smaller than 
the formation pressure there is a risk of the formation fluid (oil, natural gas and/or water) come into the wellbore and up 
to the annulus (the space between the drill string and the walls of the open hole). The influx of the formation fluid is 
called kick and, if it is not controlled, can escalate to a blowout (the uncontrolled release of crude oil and/or gas from an 
oil well after pressure control systems have failed) when the formation fluid reaches the surface, especially in case of 
gas influx. Kick is usually detected by comparing the fluid pumping rate with the returning flow rate to the reservoir. 
This method, however, allows kick detection only when a significant amount of gas has entered the well which 
sometimes can be too late to avoid a blowout. Therefore, a small inflow of gas should be detected as soon as possible 
assuring safety to drilling. 

As formation pressure must be higher than the pressure within the wellbore to a kick take place, there must be a 
sudden pressure change at the well bottom as soon as a small amount of gas has come into the well. The sooner this 
pressure is sensed the better. Nevertheless, the pressure is only measured while drilling and also a small amount of gas 
changes slightly the absolute measured pressure. 

One of the first models for prediction of kick was proposed by LeBlanc and Lewis (1968) which was improved by 
Records (1972) by adding head loss in the annular space. A robust model that considers the fluid as Bingham and the 
gas is assumed disperse in the fluid was developed by Stanbery (1976). In 1981, Hoberoch e Stanbery (1981) elaborated 
a dynamic model to evaluate the pressure distribution in the annular space assuming single phase flow. A mathematical 
model to simulate the two-phase flow slippage was proposed by Santos (1982). Nickens (1987), on the other hand, 
developed a quite complete model for kick simulation which also included several geometric components. A 
mathematical model to predict the pressure variation in the choke line and in the annular space was proposed by Negrão 
(1989). The first disperse two-phase flow transient model was brought about by Lage (1990). Ohara (1995) evaluated 
the effect of gas reservoir, choke line and gas speed. A comparison between different models was conducted by Nunes 
(2001). Nunes (2001) also developed a model for gas kick simulation in order to compute pressure change in the choke 
line and annular space for applications in deep and ultra-deep water. Several effects were investigated, such as, pit gain, 
water depth, drilling fluid density, rheology and flow rate. A similar discussion is undertaken in Nunes et al. (2002). 
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The kick model proposed by Avelar et al. (2009) included two-phase flow slippage, pressure loss, a two-parameter 
rheology model and reservoir coupling. The solution is based on the finite difference method and their results were 
compared with experimental deep-water well measurements. 

Mathematical modeling, on the other hand, can be used to help on the understanding of the problem. Not only 
should the influx of fluid into the well be modeled but also the complex transient pressure transmission phenomenon 
that take place in the drilling fluid. A similar case investigated by the literature (Sestak et al., 1987, Cawkwell and 
Charles, 1987, Chang et al., 1999 and Davidson et al., 2004, Oliveira et al., 2010, Negrão et al., 2011, Vinay et al., 
2006, Vinay et al., 2007, Wachs et al., 2009 and El-Gendy et al., 2012) is the flow start-up of viscoplastic materials. 
Most of the works dealt with the development of mathematical models that simulates the restart of either drilling fluids 
or waxy crude oils in pipelines. Oliveira et al. (2013), for instance, studied the transient flow occurring inside the drill 
pipe and annular space. The drilling fluid was considered as a non-Newtonian Bingham fluid and the flow is modeled as 
compressible by using the balance equations of mass and momentum. Comparisons of the mathematical model results 
of Oliveira et al. (2013) with experimental data obtained from a Petrobras experimental rig showed good agreement. 

The current study, based on Oliveira´s et al. (2013) work, proposes a mathematical model for the influx of gas and 
pressure changes at the well bottom during a gas kick. As soon as the kick is detected, flow circulation is interrupted 
and the well is closed in order to evaluate pressure variations up to the stabilization. The model is based on the balance 
equations of mass and momentum that are discretized by the Method of Characteristics. The flow is considered laminar, 
isothermal, compressible and one-dimensional and the fluid is treated as Newtonian. The shear stress is assumed to 
change linearly across the pipe cross section. At this moment, the migration and dissolution of the gas are disregarded 
and the focus of this study is the drilling fluid volume gain on the surface and time required to stabilize the pressure 
after the well be closed.  

 
2. MATHEMATICAL MODEL 
 
2.1. Problem description 
 

Figure 1a shows a schematic representation of the drilling operation at the wellbore bottom in which a drilling fluid 
is pumped into the drill pipe. The fluid flows through the drill bit roles and then returns to the surface by the annular 
space carrying the cuttings. Despite the changes of the cross sectional areas of the drill pipe and annular space, the 
geometry will be simplified as a constant cross sectional drill pipe and annular space, as shown in Figure 1b. According 
to Figure 1c, the drill pipe internal diameter is identified as D and the internal and external diameters of the annular 
space as D1 and D2, respectively. The region below the drill pipe is disregarded in the modeling and the fluid is 
considered to flow directly from the drill pipe to the annular space, as the drill bit is not considered to be in place.  

At the problem start-up, a formation region with a pressure higher than the bottom pressure is hit while drilling and 
an influx of gas begins to take place. After a certain amount of gas had entered the well, drilling fluid pumping is 
stopped and the well is suddenly closed in order to avoid a blowout. 
 

 
 

Figure 1. (a) Illustration of the drilling fluid circulation in the wellbore. (b) Longitudinal view and (c) cross section of 
drill pipe and annular space 
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2.2 Balance equations  
 

The flow in both drill pipe and annular space is admitted to be compressible, isothermal and one-dimensional in the 
axial direction. Besides, the drill pipe and the well structure are admitted to be completely rigid and therefore, not 
deformable. The shear stress variation across the circular geometry (drill pipe and annular space) is admitted constant 
and the shear stress at the pipe wall is evaluated by employing the concept of friction factor. For this first work, the 
drilling fluid is considered as Newtonian with constant viscosity and the formation gas as ideal. 

The flow is regarded as one-dimensional, laminar and weakly compressible. By using a constant isothermal 

compressibility, 
2
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, the mass and momentum conservation equations can be written, respectively, as,  
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where  , V  and P  are the average values of density, velocity and pressure across the cross sectional area and c is the 

pressure wave speed. f  is the Fanning friction factor which depends on the geometry (pipe or annular space) and fluid 

properties. t  is the time and z  is the axial position. hD  is the hydraulic diameter, which is defined as 2 1D D  for the 

annular space and D  for the pipe. zg is the acceleration of gravity in axial direction.  

The friction factor depends on the fluid properties and on the geometry under analysis. For Newtonian laminar 
flows, Fanning friction factor can be written as (White, 2003): 
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where   is geometric parameter, which is 1.0 for pipe flow and given by Eq. (4) for annular flow, and ,Rez t  is the 

Reynolds number that depends on time and on the position along the domain ( ,Rez t hVD  ). 
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with 1 2D D  . The formation gas is admitted as ideal so that, 

gP mRT   (5) 

where Pg is the gas absolute pressure, m is the mass of gas, R is the specific gas constant, T is the absolute pressure and 
  is the volume occupied by the gas within the wellbore. 

The gas that flows to the well is assumed to stay stationary within the borehole and also that is not soluble in the 
drilling fluid. The influx of gas is determined by using the Darcy´s law (Nield and Bejan, 2013), based on the ideal gas 
properties, on the media permeability and on the pressure difference between the reservoir and the well bottom, so that: 
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  (6) 

where Qg is the flow rate of gas, k  is the rock permeability, rP  is the reservoir pressure, wP  is the pressure within the 

borehole, g  is the gas viscosity, rA  is the reservoir cross section area that is open to the flow, rL  is the porous media 

length.  
 
2.3 Solution of the equations 

 
The governing equations are solved by the method of characteristics (MOC) that is typically used for solving 

hyperbolic partial differential equations (see Wylie et al., 1993). The method consists of simplifying partial differential 
equations to a family of ordinary differential equations, along which the solution can be integrated from an initial 
condition. In the current case, Eqs. (1) and (2) are reduced to two total differential equations, which are valid over the 
characteristic lines dz/dt=+/-c. In as much as c is constant, plots of dz/dt provides straight lines on the z–t plane, such as 
C+ and C– in Fig. 2a. In order to solve numerically the equations, both length of drillpipe and annular space (LP+LA) are 
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divided into N equal reaches, z, as shown in Fig. 2a, and the time-step is computed according to t=z/c. If P and V 
are both known at position i–1 and i+1, the ordinary differential equations can be integrated over the characteristic line 
C+ and C–, respectively, and therefore, be written in terms of unknown variables P and V at point i. By solving the two 
resulting algebraic equations, P and V can be obtained at point i as a function of known values at points i–1 and i+1: 
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 . Note that Pi and Vi are evaluated as a function of known values at the previous time-step. 

In the wellbore bottom, where the gas injection takes place, the domain is discretized according to the scheme of 
Fig. 2b. Because gas injection at t=0, the volume occupied by the gas starts to increase as the gas flow, Qg, enters the 
borehole. By using the nomenclature of Fig. 2b, the following characteristic equations C– can be written for the pipe 
(s=p) and for the annular space (s=a), respectively,  

 - 2
,1 ,1 ,1C (drillpipe) :      16p p pP F c z D V      (9) 

 - 2
,1 ,1 ,1C (annular) :      16a h a aP F c z D V      (10) 

where the first subscript refers to the domain (drillpipe or annular space) and the second to i position in the domain. F- 
is computed as a function of known parameters at the previous time-step and i=2 for each domain. 

Note that both drillpipe and annular space domains have their origin at the well bottom, so that i=1 for both. 
 

  

(a)      (b) 

Fig. 2. (a) z-t grid for solving the governing equation. (b) grid distribution near the well bottom. 

 
By applying the discretized mass balance equation within a time-step length of 2t to the mass of gas entering the 

borehole and to the volume of liquid within the well, the mass and the volume of gas can be computed at each time-
step. The substitution of these discretized equations into Eq. (5) provides an equation for evaluation of pressure at the 
borehole bottom: 
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where 2t t
gP    is the gas absolute pressure at the borehole bottom at 2t t  , tm  is the mass of gas within the wellbore at 

time t, gm is the gas mass flow rate to the wellbore ( g g gm Q ), t  is the volume of gas at time t, inQ and outQ are the 

volume flow rates of drilling fluid that approach and leave the well bottom, respectively. This equation reveals that the 
pressure rises with the increase of mass and reduction of volume of gas within the wellbore. Changes of mass and 
volume flow rates are averaged within a 2 t  time-step in order to comply with the time-step used by the Method of 
Characteristics. 

The volume flow rates that approach and leave the wellbore bottom at time 2t t   are computed by using 2
,1

t t
pV    

and 2
,1
t t

aV   and the cross section area As ( sQ VA ). Therefore, the unknowns of Eqs. (6), (9), (10) and (11) are the 

pressures, wP , ,1pP , ,1aP  and 2t t
gP   , the gas flow rate gQ , and the velocities, 2

,1
t t
pV    and 2

,1
t t

aV   . By assuming that the 

pressure in both annular region and drillpipe at the wellbore bottom are equal to the pressure of the gas, a system of four 
unknowns and four equations can be solved. A second order algebraic equation can then be found for the pressure at the 
wellbore bottom. By considering a known initial condition, the set of equations (7) and (8) together with the second 
order equation for the pressure at the wellbore bottom can be solved for evaluation of velocity and pressure along the 
whole domain at each time-step.  
 
2.4 Initial and boundary conditions 
 

A steady-state flow condition is assumed as the problem initial condition,   0, 0Q z t Q  , so that the stabilized 

pressure along the well is a function of the flow rate,    0, 0 f ,P z t Q z  . At time zero, the drillbit reaches a 

formation region in which the pore pressure is higher than the inside well pressure. 
At the simulation start-up, the pump constant flow rate is considered as the inlet boundary condition whereas, a 

constant pressure is assumed at the outlet once the well is open to atmosphere. As soon as the kick has been detected, 
the pump is switched off and the well is closed. At this time, a zero flow rate is assumed for both inlet and outlet and the 
boundary pressures will then be calculated at each time-step. 
 
3. RESULTS 
 

In this section, the results of the simulation of a kick of gas are analyzed. For this first work, the gas properties are 
assumed to be identical to those of the air that is considered ideal even for high pressures. Firstly, changes of pressure of 
a typical problem are presented and discussed and secondly, a sensitivity analysis regarding the reservoir permeability, 
the fluid viscosity and the time for closing the well is conducted.  

 
Table 1. Parameters used in the simulations. 

 

Geometry 

Well Depth (Annular and pipe lentghs)  4300 m  
Drillpipe inside diameter 0.112 m (4.4”) 

Drillpipe outside diameter 0.127 m (5.0”) 
Diameter of the Well 0.216 m (8.5”) 

Drilling fluid 
Density 1270.2 kg/m³ (10.6 ppg) 

Viscosity 0.050 Pa.s (50 cP) 
Wave speed / isothermal compressibility 1254.8 m/s / 105 10 Pa-1 

Pumping 
parameters 

Drilling fluid flow rate 0.0063 m³/s (100 gpm) 
Time for well closure 50 s  

Influx 
parameters 

Air density (at reservoir) 441.6 kg/m³ 
Gas constant (for air) 286.9 J/kgK 

Reservoir pressure 56.26 MPa 
Reservoir permeability to gas 10-13 m2 

Gas temperature at well bottom 50°C (323 K) 
Simulation 
parameters 

Finite volume length 5.06 m (N=1700) 
Time-step 4.03 ms 

Gravity acceleration 9.81 m/s² 
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3.1 Case study 
 

The employed parameters for the case study are depicted in Tab. 1. These data represents as close as possible a 
typical case found in some phase of drilling operations. For all cases, the pumping system is turned off and the well is 
closed after 50 seconds. The reservoir pressure is considered to be 5% larger than hydrostatic pressure at the well 
bottom and the reservoir permeability is assumed to be 10-13 m2. As the gas injection is assumed to take place in a 
concentrated point near the well bottom, the relation r g rA L  in Eq. (6) is assumed to be constant and equal to 27000. 

The hydrostatic pressure is assumed to increase linearly from zero to 53.58 MPa at the well bottom that is 4300 m 
deep. The pump flow rate of 0.0063 m³/s (100 gpm) causes a total pressure drop of 0.69 MPa so that the initial pressure 
at the well bottom is only 0.34 MPa higher than the hydrostatic pressure.  

The kick start-up takes place at t=0 when the gas begins to enter the wellbore. As the reservoir-to-wellbore pressure 
difference is high at the start-up, the gas influx is initially large. Fig. 3 shows the time evolution of the inlet gas flow 
rate and the volume occupied by the gas at the well bottom during the kick. As noted, the initial gas flow rate reduces 
with the pressure increase at the borehole up to 6.8 s when there is a slight growth followed by a further reduction up to 
13.7 s. After that, the flow rate rises again up to 20.6 seconds. After that  the mass flow rate stays almost constant until 
53.4 s (3.4 s after the well has been closed) and then starts to decrease. The reduction takes place slowly reaching a zero 
flow rate when the inside well pressure matches the reservoir pressure. The volume occupied by the gas at the wellbore 
depends on the mass of gas so that a high gas expansion takes place before closing the well. The gas flow rate 
oscillations are related to pressure wave propagation and reflection. The wave takes approximately 3.4 s to cross the 
4300 m of well length. With the gas influx, two pressure waves are produced; one that propagates through the drillpipe 
and the other through the annular space. They both reach the surface in 3.4 s and are reflected to the well bottom. At 
6.8 s, the waves meet each other and are superposed, reducing immediately the pressure at the well bottom and 
consequently, increasing the influx of gas. 

 

 
 

Figure 3. Time change of gas flow rate and volume occupied by the gas at the borehole.  
 
Because of pressure propagation and gas expansion within the well, the pressure distribution is subjected to 

fluctuations along the well length. Fig. 4 shows pressure changes above hydrostatic pressure at the drillpipe inlet, at the 
annular space outlet and at well bottom. As can be seen, the gas influx causes a significant pressure variation that are 
mainly related to pressure propagation and reflection. The inlet pressure that is 0.69 MPa at the start-up undergoes a 
sudden growth to 1.05 MPa at 3.4 s. The pressure at the well bottom is directly related to the mass, temperature and 
volume of gas. The pressure at the annular outlet is set to zero as boundary condition before closing the well. 
Nevertheless, the annular outlet pressure rises instantaneously with the well closure at 50s. As soon as the pump is 
turned off and the well is closed down, the source of pressurization is removed and drillpipe inlet pressure drops. After 
successive pressure reflections with the well closed, the well bottom pressure is balanced by the reservoir pressure and 
the pressure along the well increases approximately 2.68 MPa. In other words, it grows from 53.58 to 56.26 MPa. The 
300 s shown in Fig. 4 is not enough to reach this final value. 

With the gradual increase of gas volume within the well, the drilling fluid is displaced and oscillations of flow rate 
take place in the drillpipe and annular space. Fig. 5 depicts changes of volume flow rate in three positions: annular 
outlet and both annular space and drillpipe at the well bottom. As noted, the drilling fluid circulates with a constant 
initial flow rate of 0.0063 m³/s when the kick takes place and the drilling fluid is suddenly accelerated in the annular 
space and refrained in the drillpipe. Whereas the flow rates increases oscillating in the annular space, it fluctuates 
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around the initial flow rate in the drillpipe. As soon as the well is closed, the flow rates are reduced and oscillate around 
zero until the well pressure is balanced by the reservoir pressure. As shown, the flow rates drop to zero after 120 s.  

 

 
 

Figure 4. Time change of pressure at drillpipe inlet, at the well bottom and at the annular outlet after a gas influx. 
 
 

 
 

Figure 5. Time change of volume flow rates in different well positions. 
 
 

3.2 Sensitivity analysis 
 
For the current mathematical model, a sensitivity analysis regarding reservoir permeability, fluid viscosity and time 

for well closing was performed. The situation shown in Tab. 1 was considered as a reference case and each parameter 
was changed one each a time.  
 
3.2.1 The effect of permeability 

 
The effect of well permeability in the borehole bottom pressure and gas volume within the well is now investigated. 

The values used for the permeability were 10-14 m², 10-13 m² and 10-12 m², whereas the ratio r g rA L  was kept equal to 

27000 for all cases. Fig. 6 illustrates the changes of wellbore bottom pressure after a kick for the different values of 
permeability. The higher the permeability the higher is the initial pressure rise, as the gas flow rate increases with the 
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permeability according to the Darcy´s law. After the well has been closed, all cases stabilize in the same pressure 
independently of the permeability value. Nevertheless, the higher the permeability the lower is the stabilization time. 

 

 
 

Figure 6. Time change of well bottom pressure after the kick for different reservoir permeability. 
 

As shown in Fig. 7, not only the gas volume in the wellbore increases with the permeability but also the gas volume 
flow rate. The final gas volume within the wellbore is in the order of 1.22 m³ for a permeability of 10-12 m², whereas it 
is 0.38 m³ and 0.17 m³ for 10-13 m² and 10-14 m², respectively. 

 

 
 

Figure 7. Time change of gas volume within the wellbore after a kick for different reservoir permeability.  
 
 

3.2.2 The effect of fluid viscosity  
 
High fluid viscosity requires high pumping pressure for a constant volume flow rate. Fig. 8 shows the pressure 

change after the kick for two fluid viscosities. The final pressure is reached firstly for the higher viscosity fluid because 
the initial pressure within the wellbore is higher for larger viscosity fluids. For a viscosity of 0.05 Pa.s, the well bottom 
pressure is 0.34 MPa higher than the hydrostatic pressure, whereas for a viscosity of 0.1 Pa.s it is 0.68 MPa. It is 
noteworthy that the pressure does not drop after pressure superposition at 6.8 s at well bottom for the higher viscosity 
fluid because of the higher dissipation of the pressure wave. 
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Fig. 9 depicts the pressure change at the annular outlet after closing the well at 50 s. As shown, the higher viscosity 
fluid undermines the magnitude of pressure fluctuations.  

 

 
 

Figure 8. Time change of well bottom pressure after a kick for different viscosity fluids. 
 

 
 

Figure 9. Time change of annular pressure after a kick for different viscosity fluids. 
 
 

3.2.3 The effect of the well closing time 
 
The time for closing the well after a kick is a quite important parameter. Two different well closing times are now 

investigated. Fig. 10 shows the time change of pressure at the well bottom for closing times of 50 and 100 seconds, 
respectively. After the initial pressure change, the pressure tends to stabilizes as the ratio of mass and volume of gas 
becomes constant. When the well is closed, there is a sudden change of the problem boundary conditions and the well 
bottom pressure increases again to reach the steady-state. 
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Figure 10. Time change of well bottom pressure after a kick for two different well closing times. 
 

As depicted in Fig. 11, the pressure at the annular outlet changes similarly to the pressure at the well bottom. As 
this pressure variation is related to flow inertia, P cV  , and the drilling fluid flow rate is almost at steady-state after 

50 s (see Fig. 5), the pressure changes will be very similar. 
 

 
 

Figure 11. Time change of pressure at the annular outlet after a kick for two different well closing times. 
 
 

Figure 12 shows the time change of gas volume within the wellbore for both cases. As already discussed, the gas 
expansion is larger before than after closing the well and therefore, the higher the closing time the larger is the amount 
of gas that enters the well. As noted, the gas volume after 300 s is 0.59 m3 for a closing time of 100 s whereas, it is 
smaller than 0.4m3 for a closing time of 50 s. 
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Figure 12. Time change of volume of gas within the wellbore after a kick for two different well closing times. 
 
 

4. CONCLUSIONS 
 

A mathematical model for evaluation of the pressure propagation and flow rates after kick of gas was presented in 
the current work. The model is based on the conservation equations of mass and momentum for one-dimensional, 
compressible and transient flows. In this first study, the drilling fluid was considered Newtonian, the gas was dealt as 
ideal, migration and dissolution of gas were disregarded and the process is admitted isothermal. The influx of gas that is 
dependent on the reservoir pressure and reservoir permeability to gas was computed by using the Darcy´s law. 

A case study revealed that the pressure begins to propagate as soon as the influx of gas starts causing pressure and 
flow rates oscillations within the wellbore as pressure reflects and is superposed at well ends. The pressure changes at 
the borehole bottom takes some time to be sensed at the well surface as the pressure propagates at finite and known 
speed.  

A sensitivity analysis was conducted to show that: 
i) the higher the amount of gas that enters the well, the higher the pressure variations and the amount of drilling 

fluid that returns to the surface; 
ii) enlarging the rock permeability not only is the influx of gas to the wellbore increased but also the pressure 

variation at the well bottom and at the annular outlet; 
iii) high viscous flows reduce pressure peaks and stabilize faster the pressures within the well, as viscous 

dissipation and initial bottomhole pressures are higher; 
iv) the volume of gas that invades the well is significantly dependent on the time for closing the well. 
 
As the results of this first study are quite encouraging, future works must be conducted so as to deal the drilling 

fluid as viscoplastic, the gas as non-ideal and with the migration and dissolution of gas in the drilling fluid. 
 
 
5. ACKNOWLEDGEMENTS 
 

The authors acknowledge the financial support of PETROBRAS S/A, ANP (Brazilian National Oil Agency) and 
CNPq (The Brazilian National Council for Scientific and Technological Development). 
 
 
6. REFERENCES 
 
Avelar, C.S., Ribeiro, P.R. and Sepehrnoori, K., 2009. “Deepwater gas kick simulation”. Journal of Petroleum Science 

and Engineering. Vol. 67, p. 13–22. 
Cawkwell, M.G. and Charles, M.E., 1987. “An improved model for start-up of pipelines containing gelled crude oil”. J. 

Pipelines, Vol. 7, p. 41–52. 

t (s)

V
ol

u
m

e
(m

³)

0 50 100 150 200 250 3000

0.2

0.4

0.6

0.8

t = 50 s
t = 100 s

ISSN 2176-5480

7924



J. F. Galdino, G. M. Oliveira, A. T. Franco and C. O. R. Negrão 
Transient Mathematical Model For Well Kick During Drilling Operations 
 

Chang, C., Rønningsen, H.P. and Nguyen, Q.D., 1999. “Isothermal start-up of pipeline transporting waxy crude oil”. J. 
Non-Newtonian Fluid Mech, Vol. 87, p. 127–154. 

Davidson, M.R., Nguyen, Q.D., Chang, C. and Rønningsen, H.P., 2004. “A model for restart of a pipeline with 
compressible gelled waxy crude oil”. J. Non-Newtonian Fluid Mech, Vol. 123, p. 269–280. 

El-Gendy, H., Alcoutlabi, M., Jemmett, M., Deo, M., Magda, J., Venkatesan, R. and Montesi, A., 2012. “The 
propagation of pressure in a gelled waxy oil pipeline as studied by particle imaging velocimetry”. AIChE J, Vol. 58 
(1), p. 302–311. 

Hoberock, L.L. and Stanbery, S.R., 1981. “Pressure Dynamics in Wells During Gas Kicks: Part 2 - Component Models 
and Results”. Journal of Petroleum Technology, Vol. 33, p. 1367–1378. 

Lage, A.C.V.M., 1990. Simulação e controle de poços de petróleo em erupção (in portuguese). M.Sc dissertation, 
COPPE, Universidade Federal do Rio de Janeiro, Rio de Janeiro. 

LeBlanc, J.L. and Lewis, R.L., 1968. “A Mathematical Model of a Gas Kick”. Journal of Petroleum Technology, Vol. 
103 , p. 888–898. 

Negrão, A.F., 1989. Controle de poço em águas profundas (in portuguese). M.Sc dissertation, Faculdade de Engenharia 
Mecânica, Universidade Estadual de Campinas, Campinas. 

Negrão, C.O.R., Franco, A.T. and Rocha, L.L.V., 2011. “A weakly compressible flow model for the restart of 
thixotropic drilling fluids”. J. Non-Newtonian Fluid Mech, Vol. 166, p. 1369–1381. 

Nickens, H., 1987. “A dynamic computer model of a kicking well”. SPE Drilling Engineering, Vol. 2 , p. 158–173. 
Nield, D. A. and Bejan, A., 2013. Convection in Porous Media. Springer; 4th edition. 
Nlckens, H.V., 1987. “A dynamic computer model of a kicking well”. SPE Drilling Engineering, Vol. 2, p. 158–173. 
Nunes, J.O.L., 2001. Estudo do controle de poços em operações de perfuração em .águas profundas e ultra profundas 

(in portuguese). M.Sc dissertation, Faculdade de Engenharia Mecânica, Universidade Estadual de Campinas, 
Campinas. 

Nunes, J.O.L., Bannwart, A.C. and Ribeiro, P.R., 2002. “Mathematical Modeling of Gas Kicks in Deep Water 
Scenario”. In Proceedings of the IADC/SPE Asia Pacific Drilling Technology 8-11 September. Jakarta, Indonesia. 

Ohara, S., 1995. Improved method for selecting kick tolerance during deepwater drilling operations. Ph.D. thesis, 
Louisiana State University, Baton Rouge. 

Oliveira, G.M., Rocha, L.L.V., Franco, A.T. and Negrão, C.O.R., 2010. “Numerical simulation of the start-up of 
Bingham fluid flows in pipelines”. J. Non-Newtonian Fluid Mech, Vol. 165, p. 1114–1128. 

Oliveira, G.M., Franco A.T., Negrão C.O.R., Martins, A.L. and Silva, R.A., 2013. “Modeling and validation of pressure 
propagation in drilling fluids pumped into a closed well”. Journal of Petroleum Science and Engineering, Vol. 103 , 
p. 61–71. 

Records, L.R., 1972. “Mud system and well control”. Petroleum Engineering, Vol. 44, p. 97–108. 
Santos, O.L.A., 1982. A mathematical model of a gas kick when drillíng in deep waters. M.Sc dissertation, Colorado 

School of Mines, Golden. 
Stanbery, S.R., 1976. Well pressure dynamics under impending blowout conditions. Ph.D. thesis, University of Texas at 

Austin, Austin. 
Sestak, J., Cawkwell, M.G., Charles, M.E. and Houskas, M., 1987. “Start-up of gelled crude oil pipelines”. J. Pipelines, 

Vol. 6, p. 15–24. 
Vinay, G., Wachs, A. and Agassant, J.F., 2006. “Numerical simulation of weakly compressible Bingham flows: the 

restart of pipeline flows of waxy crude oils”. J. Non-Newtonian Fluid Mech, Vol. 136 (2–3), p. 93–105. 
Vinay, G., Wachs, A. and Frigaard, I., 2007. “Start-up transients and efficient computation of isothermal waxy crude oil 

flows”. J. Non-Newtonian Fluid Mech, Vol. 143, p. 141–156. 
Wachs, A., Vinay, G. and Frigaard, I., 2009. “A 1.5D numerical model for the start up of weakly compressible flow of a 

viscoplastic and thixotropic fluid in pipelines”. J. Non-Newtonian Fluid Mech, Vol. 159, p. 81–94. 
White, F.M., 2003. Fluid Mechanics. McGraw-Hill, New York, 5th edition. 
Wylie, E. B., Streeter, V. L. and Suo, L., 1993, Fluid Transients in Systems. Prentice Hall, New Jersey, 1st edition. 
 

 
7. RESPONSIBILITY NOTICE 
 

The authors are the only responsible for the printed material included in this paper. 
 

ISSN 2176-5480

7925


	pag1_3_arqdiogo
	COBEM2013 -p1967 - TRANSIENT MATHEMATICAL MODEL FOR WELL KICK DURING DRILLING OPERATIONS_vf_1013.pdf


<<
  /ASCII85EncodePages false
  /AllowTransparency false
  /AutoPositionEPSFiles true
  /AutoRotatePages /None
  /Binding /Left
  /CalGrayProfile (Dot Gain 20%)
  /CalRGBProfile (sRGB IEC61966-2.1)
  /CalCMYKProfile (U.S. Web Coated \050SWOP\051 v2)
  /sRGBProfile (sRGB IEC61966-2.1)
  /CannotEmbedFontPolicy /Error
  /CompatibilityLevel 1.4
  /CompressObjects /Tags
  /CompressPages true
  /ConvertImagesToIndexed true
  /PassThroughJPEGImages true
  /CreateJobTicket false
  /DefaultRenderingIntent /Default
  /DetectBlends true
  /DetectCurves 0.0000
  /ColorConversionStrategy /CMYK
  /DoThumbnails false
  /EmbedAllFonts true
  /EmbedOpenType false
  /ParseICCProfilesInComments true
  /EmbedJobOptions true
  /DSCReportingLevel 0
  /EmitDSCWarnings false
  /EndPage -1
  /ImageMemory 1048576
  /LockDistillerParams false
  /MaxSubsetPct 100
  /Optimize true
  /OPM 1
  /ParseDSCComments true
  /ParseDSCCommentsForDocInfo true
  /PreserveCopyPage true
  /PreserveDICMYKValues true
  /PreserveEPSInfo true
  /PreserveFlatness true
  /PreserveHalftoneInfo false
  /PreserveOPIComments true
  /PreserveOverprintSettings true
  /StartPage 1
  /SubsetFonts true
  /TransferFunctionInfo /Apply
  /UCRandBGInfo /Preserve
  /UsePrologue false
  /ColorSettingsFile ()
  /AlwaysEmbed [ true
  ]
  /NeverEmbed [ true
  ]
  /AntiAliasColorImages false
  /CropColorImages true
  /ColorImageMinResolution 300
  /ColorImageMinResolutionPolicy /OK
  /DownsampleColorImages true
  /ColorImageDownsampleType /Bicubic
  /ColorImageResolution 300
  /ColorImageDepth -1
  /ColorImageMinDownsampleDepth 1
  /ColorImageDownsampleThreshold 1.50000
  /EncodeColorImages true
  /ColorImageFilter /DCTEncode
  /AutoFilterColorImages true
  /ColorImageAutoFilterStrategy /JPEG
  /ColorACSImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /ColorImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000ColorACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /JPEG2000ColorImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /AntiAliasGrayImages false
  /CropGrayImages true
  /GrayImageMinResolution 300
  /GrayImageMinResolutionPolicy /OK
  /DownsampleGrayImages true
  /GrayImageDownsampleType /Bicubic
  /GrayImageResolution 300
  /GrayImageDepth -1
  /GrayImageMinDownsampleDepth 2
  /GrayImageDownsampleThreshold 1.50000
  /EncodeGrayImages true
  /GrayImageFilter /DCTEncode
  /AutoFilterGrayImages true
  /GrayImageAutoFilterStrategy /JPEG
  /GrayACSImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /GrayImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000GrayACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /JPEG2000GrayImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /AntiAliasMonoImages false
  /CropMonoImages true
  /MonoImageMinResolution 1200
  /MonoImageMinResolutionPolicy /OK
  /DownsampleMonoImages true
  /MonoImageDownsampleType /Bicubic
  /MonoImageResolution 1200
  /MonoImageDepth -1
  /MonoImageDownsampleThreshold 1.50000
  /EncodeMonoImages true
  /MonoImageFilter /CCITTFaxEncode
  /MonoImageDict <<
    /K -1
  >>
  /AllowPSXObjects false
  /CheckCompliance [
    /None
  ]
  /PDFX1aCheck false
  /PDFX3Check false
  /PDFXCompliantPDFOnly false
  /PDFXNoTrimBoxError true
  /PDFXTrimBoxToMediaBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXSetBleedBoxToMediaBox true
  /PDFXBleedBoxToTrimBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXOutputIntentProfile ()
  /PDFXOutputConditionIdentifier ()
  /PDFXOutputCondition ()
  /PDFXRegistryName ()
  /PDFXTrapped /False

  /CreateJDFFile false
  /Description <<

    /BGR <>
    /CHS <FEFF4f7f75288fd94e9b8bbe5b9a521b5efa7684002000410064006f006200650020005000440046002065876863900275284e8e9ad88d2891cf76845370524d53705237300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c676562535f00521b5efa768400200050004400460020658768633002>
    /CHT <FEFF4f7f752890194e9b8a2d7f6e5efa7acb7684002000410064006f006200650020005000440046002065874ef69069752865bc9ad854c18cea76845370524d5370523786557406300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c4f86958b555f5df25efa7acb76840020005000440046002065874ef63002>
    /CZE <>
    /DAN <>
    /DEU <>
    /ESP <>
    /ETI <>
    /FRA <>
    /GRE <>

    /HRV (Za stvaranje Adobe PDF dokumenata najpogodnijih za visokokvalitetni ispis prije tiskanja koristite ove postavke.  Stvoreni PDF dokumenti mogu se otvoriti Acrobat i Adobe Reader 5.0 i kasnijim verzijama.)
    /HUN <>
    /ITA <>
    /JPN <FEFF9ad854c18cea306a30d730ea30d730ec30b951fa529b7528002000410064006f0062006500200050004400460020658766f8306e4f5c6210306b4f7f75283057307e305930023053306e8a2d5b9a30674f5c62103055308c305f0020005000440046002030d530a130a430eb306f3001004100630072006f0062006100740020304a30883073002000410064006f00620065002000520065006100640065007200200035002e003000204ee5964d3067958b304f30533068304c3067304d307e305930023053306e8a2d5b9a306b306f30d530a930f330c8306e57cb30818fbc307f304c5fc59808306730593002>
    /KOR <FEFFc7740020c124c815c7440020c0acc6a9d558c5ec0020ace0d488c9c80020c2dcd5d80020c778c1c4c5d00020ac00c7a50020c801d569d55c002000410064006f0062006500200050004400460020bb38c11cb97c0020c791c131d569b2c8b2e4002e0020c774b807ac8c0020c791c131b41c00200050004400460020bb38c11cb2940020004100630072006f0062006100740020bc0f002000410064006f00620065002000520065006100640065007200200035002e00300020c774c0c1c5d0c11c0020c5f40020c2180020c788c2b5b2c8b2e4002e>
    /LTH <>
    /LVI <>
    /NLD (Gebruik deze instellingen om Adobe PDF-documenten te maken die zijn geoptimaliseerd voor prepress-afdrukken van hoge kwaliteit. De gemaakte PDF-documenten kunnen worden geopend met Acrobat en Adobe Reader 5.0 en hoger.)
    /NOR <>
    /POL <>
    /PTB <>
    /RUM <>
    /RUS <>
    /SKY <>
    /SLV <>
    /SUO <>
    /SVE <>
    /TUR <>
    /UKR <>
    /ENU (Use these settings to create Adobe PDF documents best suited for high-quality prepress printing.  Created PDF documents can be opened with Acrobat and Adobe Reader 5.0 and later.)
  >>
  /Namespace [
    (Adobe)
    (Common)
    (1.0)
  ]
  /OtherNamespaces [
    <<
      /AsReaderSpreads false
      /CropImagesToFrames true
      /ErrorControl /WarnAndContinue
      /FlattenerIgnoreSpreadOverrides false
      /IncludeGuidesGrids false
      /IncludeNonPrinting false
      /IncludeSlug false
      /Namespace [
        (Adobe)
        (InDesign)
        (4.0)
      ]
      /OmitPlacedBitmaps false
      /OmitPlacedEPS false
      /OmitPlacedPDF false
      /SimulateOverprint /Legacy
    >>
    <<
      /AddBleedMarks false
      /AddColorBars false
      /AddCropMarks false
      /AddPageInfo false
      /AddRegMarks false
      /ConvertColors /ConvertToCMYK
      /DestinationProfileName ()
      /DestinationProfileSelector /DocumentCMYK
      /Downsample16BitImages true
      /FlattenerPreset <<
        /PresetSelector /MediumResolution
      >>
      /FormElements false
      /GenerateStructure false
      /IncludeBookmarks false
      /IncludeHyperlinks false
      /IncludeInteractive false
      /IncludeLayers false
      /IncludeProfiles false
      /MultimediaHandling /UseObjectSettings
      /Namespace [
        (Adobe)
        (CreativeSuite)
        (2.0)
      ]
      /PDFXOutputIntentProfileSelector /DocumentCMYK
      /PreserveEditing true
      /UntaggedCMYKHandling /LeaveUntagged
      /UntaggedRGBHandling /UseDocumentProfile
      /UseDocumentBleed false
    >>
  ]
>> setdistillerparams
<<
  /HWResolution [2400 2400]
  /PageSize [612.000 792.000]
>> setpagedevice




